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ESERCIZI  SVOLTI

LOGARITMI
Classe terza

Teoria

Determinare direttamente il valore dei seguenti logaritmi:

1) x1log11 = 111x = 0x 1111 = 0x =  .
2) x6log6 = 66x = 1x 66 = 1x =  .
3) x49log7 = 497x = 2x 77 = 2x =  .
4) x27log 3 = 273x = 3x 33 = 3x =  .
5) x16log 2 = 162x = 4x 22 = 4x =  .
6) x32log 2 = 322x = 5x 22 = 5x =  .
7) x2log8 = 28x = 22 x3 = 1x3 =  3

1x =  .
8) x36log6 = 366x = 2x 66 = 2x =  .
9) x6log 36 = 636x = 66 x2 = 1x2 =

2
1x =  .

10) x81log9 = 819x = 4x2 33 = 4x2 =  2
4x = 2x =  .

11) x27log 9 = 279x = 3x2 33 = 3x2 =  2
3x =  .

12) x3log
3
1 = 3

3
1 x

=






1x

3
1

3
1 −
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 1x −=  .

13) x25log
5
1 = 25

5
1 x
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 2

x

5
5
1 =







2x

5
1

5
1 −






=





 2x −=  .

14) x125log
5
1 = 125

5
1 x

=




 3

x

5
5
1 =







3x

5
1
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1 −






=





 3x −=  .

15) x27log
3
1 = 27

3
1 x

=




 3

x

3
3
1 =







3x

3
1

3
1 −






=





 3x −=  .

16) x64log
2
1 = 64

2
1 x

=




 6

x

2
2
1 =







6x

2
1

2
1 −






=





 6x −=  .

17) x
2
1log

2
1 =

2
1

2
1 x

=






1

x

2
1

2
1 =







1x

2
1

2
1






=





 1x =  .

18) x
4
1log

2
1 =

4
1

2
1 x

=






2

x

2
1

2
1 =







2x

2
1

2
1






=





 2x =  .

19) x
49
1log

7
1 =

49
1

7
1 x

=






2

x

7
1

7
1 =







2x

7
1

7
1






=





 2x =  .

20) x
64
1log 2 =

64
12x =

6
x

2
12 





= 6x 22 −= 6x −=  

.
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21) x
128

1log 2 =
128

12x =
7

x

2
12 





= 7x 22 −= 7x −=  

.

22) x
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1log
2
1 =
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=





 7x =  .

23) x
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4log
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 2x =  .

24) x
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16log

3
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3
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25) x
4
25log
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 2x −=  

.

26) x
27

125log
5
3 =

27
125

5
3 x

=






3x

3
5
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=







3x

5
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5
3 −






=





 3x −=  

.

27) x
2
3log

4
9 =

2
3

4
9 x

=






2
3

2
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=




 1x2 =

2
1x =  .

28) x
7
6log

36
49 =

7
6

36
49 x

=






1x2

6
7

6
7 −






=





 1x2 −=

2
1x −=  .

29) x2log 2 = 22x = 2
1

x 22 = 2
1x =  .

30) x2log 3
2 = 3x 22 = 3

1
x 22 = 3

1x =  .

31) x4log 3
2 = 3x 42 = 3 2x 22 = 3

2
x 22 =  3

2x =  .

32) x3log 3
3 = 3x 33 = 3

1
x 33 = 3

1x =  .

33) x9log 3
3 = 3x 93 = 3 2x 33 = 3

2
x 33 =  3

2x =  .

34) x9log 3

3
1 = 3

x

9
3
1 =





 3

2x

3
3
1 =





  3

2x

3
1

3
1 −






=





  3

2x −= .

35) x5log 3

5
1 = 3

x

5
5
1 =





 3

1x

5
5
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  3

1x

5
1

5
1 −






=





  3

1x −= .

Dato il logaritmo e la base determinare il numero:

1) 0xlog 3 = x30 = 03x = 1x =  .
2) 1xlog 3 = x31 = 13x = 3x =  .
3) 2xlog 3 = x32 = 23x = 9x =  .
4) 0xlog 3 = x30 = 03x = 1x =  .
5) 4xlog 2 = x24 = 42x = 16x =  .
6) 2xlog8 = x82 = 28x = 64x =  .
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7) 2xlog10 = x102 = 210x = 100x =  .
8) 4xlog10 = x104 = 410x = 10000x =  .
9)

2
1xlog 2 = x22

1

= 2
1

2x = 2x =  .

10)
2
1xlog4 = x4 2

1

= 2
1

4x = 4x =  2x =  .

11)
3
1xlog 27 = x27 3

1

= 3
1

27x =
3 27x =  3x =  .

12) 1xlog
4
1 −= x

4
1 1

=






− 1

4
1x

−






= 4x =  .

13) 2xlog4 −= x4 2 =− 24x −=
2

4
1x 





=  16

1x =  .

14) 2xlog11 −= x11 2 =− 211x −=
2

11
1x 





=  121

1x =  .

15) 3xlog
5
1 = x

5
1 3

=






3

5
1x 





=

125
1x =  .

16) 3xlog
4
1 −= x

4
1 3

=






− 3

4
1x

−






= 34x =  64x =  .

17) 6xlog
2
1 −= x

2
1 6

=






− 6

2
1x

−






= 62x =  64x =  .

18) 2xlog 1,0 = 2xlog
10
1 = x

10
1 2

=






2

10
1x 





=  100

1x =  .

19) 2xlog 2,0 = 2xlog
5
1 = x

5
1 2

=






2

5
1x 





=  25

1x =  .

20) 3xlog 5,0 = 3xlog
2
1 = x

2
1 3

=






3

2
1x 





=  8

1x =  .

Determinare la base dei seguenti logaritmi:

1) 24log x = 4x2 = 22 2x = 2x =  .
2) 29log x = 9x2 = 22 3x = 3x =  .
3) 2144logx = 144x2 = 22 12x = 12x =  .
4) 327log x = 27x3 = 33 3x = 3x =  .
5) 38logx = 8x3 = 33 2x = 2x =  .
6) 31000log x = 1000x3 = 33 10x = 10x =  .
7) 410000log x = 10000x4 = 44 10x = 10x =  .
8) 532log x = 32x5 = 55 2x = 2x =  .
9) 5243log x = 243x5 = 55 3x = 3x =  .
10) 364logx = 64x3 = 33 4x = 4x =  .
11) 3125log x = 125x3 = 33 5x = 5x =  .
12) 664log x = 64x6 = 66 2x = 2x =  .
13) 2169log x = 169x2 = 22 13x = 13x =  .

14) 12log x −= 2x 1 =− 11 2x =−
1

1

2
1x

−
− 





=

2
1x =  .
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15) 416log x −= 16x 4 =− 44 2x =−
4

4

2
1x

−
− 





=

2
1x =  .

16) 38log x −= 8x 3 =− 33 2x =−
3

3

2
1x

−
− 





=

2
1x =  .

17) 225log x −= 25x 2 =− 22 5x =−
2

2

5
1x

−
− 





=

5
1x =  .

18)
2
12logx = 2x 2

1

= 2
1

2
1

2x = 2x =  .

19)
2
13logx = 3x 2

1

= 2
1

2
1

3x = 3x =  .

20)
3
12log 3

x = 33
1

2x = 3
1

3
1

2x = 2x =  .

21)
5
22log 5 2

x = 5 25
2

2x = 5
2

5
2

2x = 2x =  .

22) 3
2

9
1log 3

x = 33
2

9
1x = 3

1

3
2

9
1x 





=

3
2

3
2

3
1x 





= 3

1x =  .

23)
3
2

25
1log 3

x = 33
2

25
1x = 3

1

3
2

25
1x 





=

3
2

3
2

5
1x 





= 5

1x =  .

Applicando le proprietà sui logaritmi trasformare i seguenti  logaritmi neperiani in 
somme algebriche di logaritmi:

1) =32ba2log
blog3alog22logblogalog2log 32 ++=++=  .

2) =ba3log 4 blog
2
1alog43logblogalog43logblogalog3log 2

1
4 ++=++=++=  .

3) =
+ 3x
x5log

2

( ) ( )3xlogxlog25log3xlogx5log 2 +−+=+−=  .

4) =
3

23

y
yx27log

=−=−= 3
1

233323 ylogyx3logylogyx27log

( ) ylog
3
5xlog3log3ylog

3
1ylog2xlog33log3 ++=−++=  .

5) =
4

4

z
yx81log

=−=−= 4
1

4444 zlogyx3logzlogyx81log

( ) zlog
4
1xlog3log4zlog

4
1ylogxlog43log4 −+=−++=  .
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6) =32

4

dc
ba5log

=−−++=−= 324324 dlogclogblogalog5logdclogba5log
dlog3clog2blogalog45log −−++=  .

7) =4

35

cd
ba49log

=−−++=−= 4352435 dlogclogblogalog7logcdlogba49log
dlog4clogblog3alog57log2 −−++=  .

Tenendo presente le proprietà sui logaritmi ridurre ad un unico logaritmo neperiano 
ciascuna delle seguenti espressioni:

1) =+−+ 27log25log
2
19log5log

=+−+=+−+= 3log35log
2
23log25log3log5log

2
13log5log 322  

3log53log35log3log25log =+−+=  .

2) =−−+− 25log32log
5
1125log6log12log

( ) ( ) =−−+⋅−⋅= 2532 5log2log
5
15log32log23log

( ) =−−++−+= 2532 5log2log
5
15log3log2log2log3log

=−−+−−+= 5log22log
5
55log33log2log2log23log  

5log5log22log5log33log2log2log23log =−−+−−+=  .

3) =−−−+− 25log
2
12log3

5
3log3log28log

3
12log2

( ) =−−−−+−= 23 5log
2
12log35log3log3log22log

3
12log2

=−−+−+−= 5log2log35log3log3log22log2log2
=−= 2log23log

=−= 22log3log
4
3log4log3log =−  .

4) =+−+−− 18log81log
4
1

3
8log12log64log

6
19log

( ) ( ) =⋅+−+⋅−−= 24
3

262 32log3log
4
1

3
2log32log2log

6
13log

( ) =++−−++−−= 232 3log2log3log3log2log3log2log2log3log2
( ) =++−−++−−= 3log22log3log3log2log33log2log22log3log2

=++−−+−−−= 3log22log3log3log2log33log2log22log3log2
=+= 3log2log

= ( ) =⋅ 32log 6log  .

Applicando le proprietà calcolare i seguenti logaritmi :
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1) =
33 3

327log

=−+= 3
333 3log3log27log

=−+= 3
1

3
2
1

3
3

3 3log3log3log

=−+= 3log
3
13log

2
13log3 333

osservando che 13log 3 =  si ha:
=−+=

3
1

2
13

=−+=
6

2318  

6
19=  .

2) =
42 2

216log

=−+= 4
222 2log2log16log

=−+= 4
1

2
2
1

2
4

2 2log2log2log

=−+= 2log
4
12log

2
12log4 222

osservando che 12log2 =  si ha:
=−+=

4
1

2
14 =

−+
4

1216
4

17  .

Torna su
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